, which is strictly increasing. Therefore, H will always respond with a price such that
Best Response for H. Because H p must satisfy proposition 1, we have 
c and H chose his best response. Thus, the total size of the served market is 1 and
positive market share and profits as long as 1 .
The following lemma is needed to simplify the analysis of L's best response. It is based on straightforward algebra and therefore offered without proof. 
if this is not the case, the market cannot be covered and one proceeds directly to the analysis of the uncovered market. For the covered market case, we have
only one of these roots is less than H p , and therefore it is the only relevant response. The root is 
The latter inequality ensures that 
(otherwise the market is already covered by H see Figure 1b and Figure 2 ). Additionally, we may assume H has priced above his price floor,
π is strictly concave on this interval. Again, there are two possible roots
However, in this case only one root is positive:
It can be shown (we omit the tedious algebra) that
. Note that the latter condition is guaranteed by H's price floor.
Moreover, it can be shown the root is an increasing function of H p on the interval 
Observe that the two profit expressions agree at the crossover
has already vanished for Figure 2) .
provided H chooses H p above his price floor. Consequently, the best response for L is Figure 3) .
Step 2. If the minimum response on H's curve is
Step 3. If the minimum response on H's curve is 
Theorem 2:
The result follows from direct substitution into equation (2) using the results from Theorem 1. According to (10), the market share for L as 
Theorem 3: Since
where the last inequality follows from the convexity of ) (q c . It follows that for any
The last term is precisely L's market share in (9) for z in the interval
. This demonstrates that the market share for L as
where (9) 8 applies. This implies the maximum profit occurs over the region H L c q ≤ , i.e., the uncovered market region whose profit is determined by (10).
We introduce three lemmas that will help with the proof of Theorem 4. Proof. Continuity of ) (
is non-decreasing and
and so
is non-decreasing (with a removable singularity at 0). The following chain of non-decreasing (non-d for short) functions is implied:
is seen to be positive and non-increasing. If we define
, then part (a) of Theorem 4 follows immediately from Lemma 3.
For part (b) of the theorem, observe that an upper bound on L's profit in (12) is
. If H leapfrogs L, the same inequality applies where L q represents the high quality position. Since . Part (c) now follows by insisting that the upper bound on H's profit for leapfrogging is no better than the upper bound on H's profit (as previously established in part (a)) for staying at max q .
